
PROGRAMME	INTITUTS	ET	INITIATIVES	
Appel	à	projet	–	campagne	2021	

	ProposiBon	de	projet	de	recherche	doctoral	(PRD)	

InBtulé	du	projet	de	recherche	doctoral	(PRD):	      	

Memoriza)on	in	Deep	Learning    	

• Vincent Grari (début janvier 2019) en Cifre AXA - 50%
• Agnès Mustar (début septembre 2020) contrat ANR - 50%
• Jean-Yves Francheschi (début septembre 2018) bourse ministère - 

50%
• Manon Cesaire (début Novembre 2020) IRT system X - 50%

Directeur.rice	de	thèse	porteur.euse	du	projet	(Btulaire	d’une	HDR)	:	

NOM	:  Lamprier     Prénom	
:

 Sylvain    

Titre	: Assistant	Professor

e-mail	:	sylvain.lamprier@lip6.fr

Adresse	professionnelle	:		LIP6,	Jussieu,	Bat	26,	5eme	étage      

Unité	de	Recherche	:		LIP6

In)tulé	:	Laboratoire	d'Informa)que	Parisien	      

Code	:	UMR7606      	

École	Doctorale	de	raSachement	de	l’équipe	(future	école	doctorale	
du.de	la	doctorant.e)	:	EDITE

Doctorant.e.s	actuellement	encadré.e.s	par	la.e	directeur.rice	de	thèse	(préciser	le	nombre	de	doctor-
ant.e.s,	leur	année	de	1e	inscripBon	et	la	quoBté	d’encadrement)	:	     

1

mailto:sylvain.lamprier@lip6.fr


Cotutelle	internaBonale	:		Non	

----------------------------------------------------------------------------------	

Co-encadrant.e	:

NOM	:      Oyallon Prénom	:    Edouard  

Titre	: 		    Junior	Research	Scien)st  HDR

e-mail	:	edouard.oyallon@lip6.fr      

Unité	de	Recherche			:	LIP6

In)tulé	:	Laboratoire	d'Informa)que	Parisien	      

Code	:	UMR7606      	

École	Doctorale	de	raSachement	:		EDITE

Ou	si	ED	non	Alliance	SU	:	     

Doctorant.e.s	actuellement	encadré.e.s	par	la.e	co-directeur.rice	de	thèse	(préciser	le	nombre	de	doc-
torant.e.s,	leur	année	de	1e	inscripBon	et	la	quoBté	d’encadrement)	:	     	Néant.	

Selon	vous,	ce	projet	est-il	suscepBble	d’intéresser	une	autre	IniBaBve	ou	un	autre	InsBtut	?		
Oui,	c'est	une	théma)que	na)onale	prioritaire	de	recherche	

DescripBon	du	projet	de	recherche	doctoral	(en	français	ou	en	anglais)	:		
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Memorization in Deep Learning

Advisors 1: Sylvain Lamprier (LIP6), 2: Edouard Oyallon (CNRS, LIP6),

Key words Statistical signal processing, Deep learning, Generalization

To apply, send a CV + grade transcripts if relevant + recommenda-
tion letters to edouard.oyallon@lip6.fr and sylvain.lamprier@lip6.fr

Introduction Deep Neural Networks obtain outstanding performances on
many benchmarks, yet the key ingredient of their success remains unknown.
This is mainly due to the high dimensional nature of those objects: they have
a lot of parameters D and use very large inputs d. By now, without loss in
generality, we will focus on Neural Networks Φ learned for a classification task
and which have been fed with N samples. The weights of a Neural Network are
specified via supervision and those networks tend to generalize well on a new
test set: it implies those architectures have memorized important attributes
from a dataset. During this PhD, we propose to study those attributes both
from a theoretical and numerical point of view: what is their nature, how are
they learned, how are they stored? We aims at studying two types of mecha-
nisms which can be addressed independently while being neatly connected: the
memorization through the symmetries of a supervised or unsupervised task, and
the memorization through the data. Interestingly, any improvement concerning
one aspect will benefit on the other aspect.

Memorization? It is an ill-defined concept that we would like to refine in
a rigorous manner during this phd. First, one should point out that we do
not refer to the memorization which can occur as a form of overfitting during a
learning procedure. Instead, our objective is to derive a low-complexity class (in
the sens of generalization) of models able to reach state-of-the-art performance
on ImageNet: how do deep neural networks memorize the good attributes of
the data? We propose to address it either via the notion of symmetry of the
level sets of a supervised objective, either via a simplified model of the data.

Memorizing symetries A first type of mechanism that we propose to study
is the idea of memorization through symmetries L : Rd → Rd, which are opera-
tors that preserve the level sets learned by Φ [4], e.g.:

∀x ∈ Rd,ΦLx = Φx .

1



L✓
<latexit sha1_base64="WLDRtAI7u3IAmjQBS/xUn7ZCWc8=">AAACDHicbVDLSsNAFJ34rPUV69LNYBFclUQEXRbduHBRwT6gCWEynbRDJw9mbsQa8gt+glv9AHfi1n9w7Y84abOwrQcuHM65l3s4fiK4Asv6NlZW19Y3Nitb1e2d3b1986DWUXEqKWvTWMSy5xPFBI9YGzgI1kskI6EvWNcfXxd+94FJxePoHiYJc0MyjHjAKQEteWbNCQmMKBHZbe45MGJAPLNuNawp8DKxS1JHJVqe+eMMYpqGLAIqiFJ920rAzYgETgXLq06qWELomAxZX9OIhEy52TR7jk+0MsBBLPVEgKfq34uMhEpNQl9vFknVoleI/3n9FIJLN+NRkgKL6OxRkAoMMS6KwAMuGQUx0YRQyXVWTEdEEgq6rrkvwMdPuW7FXuxgmXTOGrbmd+f15lXZTwUdoWN0imx0gZroBrVQG1H0iF7QK3ozno1348P4nK2uGOXNIZqD8fULBtmcPw==</latexit><latexit sha1_base64="WLDRtAI7u3IAmjQBS/xUn7ZCWc8=">AAACDHicbVDLSsNAFJ34rPUV69LNYBFclUQEXRbduHBRwT6gCWEynbRDJw9mbsQa8gt+glv9AHfi1n9w7Y84abOwrQcuHM65l3s4fiK4Asv6NlZW19Y3Nitb1e2d3b1986DWUXEqKWvTWMSy5xPFBI9YGzgI1kskI6EvWNcfXxd+94FJxePoHiYJc0MyjHjAKQEteWbNCQmMKBHZbe45MGJAPLNuNawp8DKxS1JHJVqe+eMMYpqGLAIqiFJ920rAzYgETgXLq06qWELomAxZX9OIhEy52TR7jk+0MsBBLPVEgKfq34uMhEpNQl9vFknVoleI/3n9FIJLN+NRkgKL6OxRkAoMMS6KwAMuGQUx0YRQyXVWTEdEEgq6rrkvwMdPuW7FXuxgmXTOGrbmd+f15lXZTwUdoWN0imx0gZroBrVQG1H0iF7QK3ozno1348P4nK2uGOXNIZqD8fULBtmcPw==</latexit><latexit sha1_base64="WLDRtAI7u3IAmjQBS/xUn7ZCWc8=">AAACDHicbVDLSsNAFJ34rPUV69LNYBFclUQEXRbduHBRwT6gCWEynbRDJw9mbsQa8gt+glv9AHfi1n9w7Y84abOwrQcuHM65l3s4fiK4Asv6NlZW19Y3Nitb1e2d3b1986DWUXEqKWvTWMSy5xPFBI9YGzgI1kskI6EvWNcfXxd+94FJxePoHiYJc0MyjHjAKQEteWbNCQmMKBHZbe45MGJAPLNuNawp8DKxS1JHJVqe+eMMYpqGLAIqiFJ920rAzYgETgXLq06qWELomAxZX9OIhEy52TR7jk+0MsBBLPVEgKfq34uMhEpNQl9vFknVoleI/3n9FIJLN+NRkgKL6OxRkAoMMS6KwAMuGQUx0YRQyXVWTEdEEgq6rrkvwMdPuW7FXuxgmXTOGrbmd+f15lXZTwUdoWN0imx0gZroBrVQG1H0iF7QK3ozno1348P4nK2uGOXNIZqD8fULBtmcPw==</latexit><latexit sha1_base64="WLDRtAI7u3IAmjQBS/xUn7ZCWc8=">AAACDHicbVDLSsNAFJ34rPUV69LNYBFclUQEXRbduHBRwT6gCWEynbRDJw9mbsQa8gt+glv9AHfi1n9w7Y84abOwrQcuHM65l3s4fiK4Asv6NlZW19Y3Nitb1e2d3b1986DWUXEqKWvTWMSy5xPFBI9YGzgI1kskI6EvWNcfXxd+94FJxePoHiYJc0MyjHjAKQEteWbNCQmMKBHZbe45MGJAPLNuNawp8DKxS1JHJVqe+eMMYpqGLAIqiFJ920rAzYgETgXLq06qWELomAxZX9OIhEy52TR7jk+0MsBBLPVEgKfq34uMhEpNQl9vFknVoleI/3n9FIJLN+NRkgKL6OxRkAoMMS6KwAMuGQUx0YRQyXVWTEdEEgq6rrkvwMdPuW7FXuxgmXTOGrbmd+f15lXZTwUdoWN0imx0gZroBrVQG1H0iF7QK3ozno1348P4nK2uGOXNIZqD8fULBtmcPw==</latexit>

�
<latexit sha1_base64="nINEMtFhGUc1fgpcImRvZvJ0+os=">AAAB/HicbZDLSsNAFIZP6q3WW9Wlm8EiuCqJCLosunFZwV6gDWUynTRDJxdmToQa6iO41QdwJ259F9e+iJM2C9v6w8DHf87hnPm9RAqNtv1tldbWNza3ytuVnd29/YPq4VFbx6livMViGauuRzWXIuItFCh5N1Gchp7kHW98m9c7j1xpEUcPOEm4G9JRJHzBKOZWvxmIQbVm1+2ZyCo4BdSgUHNQ/ekPY5aGPEImqdY9x07QzahCwSSfVvqp5gllYzriPYMRDbl2s9mtU3JmnCHxY2VehGTm/p3IaKj1JPRMZ0gx0Mu13Pyv1kvRv3YzESUp8ojNF/mpJBiT/ONkKBRnKCcGKFPC3EpYQBVlaOJZ2IJi/DQ1qTjLGaxC+6LuGL6/rDVuinzKcAKncA4OXEED7qAJLWAQwAu8wpv1bL1bH9bnvLVkFTPHsCDr6xcbHpW0</latexit><latexit sha1_base64="nINEMtFhGUc1fgpcImRvZvJ0+os=">AAAB/HicbZDLSsNAFIZP6q3WW9Wlm8EiuCqJCLosunFZwV6gDWUynTRDJxdmToQa6iO41QdwJ259F9e+iJM2C9v6w8DHf87hnPm9RAqNtv1tldbWNza3ytuVnd29/YPq4VFbx6livMViGauuRzWXIuItFCh5N1Gchp7kHW98m9c7j1xpEUcPOEm4G9JRJHzBKOZWvxmIQbVm1+2ZyCo4BdSgUHNQ/ekPY5aGPEImqdY9x07QzahCwSSfVvqp5gllYzriPYMRDbl2s9mtU3JmnCHxY2VehGTm/p3IaKj1JPRMZ0gx0Mu13Pyv1kvRv3YzESUp8ojNF/mpJBiT/ONkKBRnKCcGKFPC3EpYQBVlaOJZ2IJi/DQ1qTjLGaxC+6LuGL6/rDVuinzKcAKncA4OXEED7qAJLWAQwAu8wpv1bL1bH9bnvLVkFTPHsCDr6xcbHpW0</latexit><latexit sha1_base64="nINEMtFhGUc1fgpcImRvZvJ0+os=">AAAB/HicbZDLSsNAFIZP6q3WW9Wlm8EiuCqJCLosunFZwV6gDWUynTRDJxdmToQa6iO41QdwJ259F9e+iJM2C9v6w8DHf87hnPm9RAqNtv1tldbWNza3ytuVnd29/YPq4VFbx6livMViGauuRzWXIuItFCh5N1Gchp7kHW98m9c7j1xpEUcPOEm4G9JRJHzBKOZWvxmIQbVm1+2ZyCo4BdSgUHNQ/ekPY5aGPEImqdY9x07QzahCwSSfVvqp5gllYzriPYMRDbl2s9mtU3JmnCHxY2VehGTm/p3IaKj1JPRMZ0gx0Mu13Pyv1kvRv3YzESUp8ojNF/mpJBiT/ONkKBRnKCcGKFPC3EpYQBVlaOJZ2IJi/DQ1qTjLGaxC+6LuGL6/rDVuinzKcAKncA4OXEED7qAJLWAQwAu8wpv1bL1bH9bnvLVkFTPHsCDr6xcbHpW0</latexit><latexit sha1_base64="nINEMtFhGUc1fgpcImRvZvJ0+os=">AAAB/HicbZDLSsNAFIZP6q3WW9Wlm8EiuCqJCLosunFZwV6gDWUynTRDJxdmToQa6iO41QdwJ259F9e+iJM2C9v6w8DHf87hnPm9RAqNtv1tldbWNza3ytuVnd29/YPq4VFbx6livMViGauuRzWXIuItFCh5N1Gchp7kHW98m9c7j1xpEUcPOEm4G9JRJHzBKOZWvxmIQbVm1+2ZyCo4BdSgUHNQ/ekPY5aGPEImqdY9x07QzahCwSSfVvqp5gllYzriPYMRDbl2s9mtU3JmnCHxY2VehGTm/p3IaKj1JPRMZ0gx0Mu13Pyv1kvRv3YzESUp8ojNF/mpJBiT/ONkKBRnKCcGKFPC3EpYQBVlaOJZ2IJi/DQ1qTjLGaxC+6LuGL6/rDVuinzKcAKncA4OXEED7qAJLWAQwAu8wpv1bL1bH9bnvLVkFTPHsCDr6xcbHpW0</latexit>

Discriminateurx

�
<latexit sha1_base64="nINEMtFhGUc1fgpcImRvZvJ0+os=">AAAB/HicbZDLSsNAFIZP6q3WW9Wlm8EiuCqJCLosunFZwV6gDWUynTRDJxdmToQa6iO41QdwJ259F9e+iJM2C9v6w8DHf87hnPm9RAqNtv1tldbWNza3ytuVnd29/YPq4VFbx6livMViGauuRzWXIuItFCh5N1Gchp7kHW98m9c7j1xpEUcPOEm4G9JRJHzBKOZWvxmIQbVm1+2ZyCo4BdSgUHNQ/ekPY5aGPEImqdY9x07QzahCwSSfVvqp5gllYzriPYMRDbl2s9mtU3JmnCHxY2VehGTm/p3IaKj1JPRMZ0gx0Mu13Pyv1kvRv3YzESUp8ojNF/mpJBiT/ONkKBRnKCcGKFPC3EpYQBVlaOJZ2IJi/DQ1qTjLGaxC+6LuGL6/rDVuinzKcAKncA4OXEED7qAJLWAQwAu8wpv1bL1bH9bnvLVkFTPHsCDr6xcbHpW0</latexit><latexit sha1_base64="nINEMtFhGUc1fgpcImRvZvJ0+os=">AAAB/HicbZDLSsNAFIZP6q3WW9Wlm8EiuCqJCLosunFZwV6gDWUynTRDJxdmToQa6iO41QdwJ259F9e+iJM2C9v6w8DHf87hnPm9RAqNtv1tldbWNza3ytuVnd29/YPq4VFbx6livMViGauuRzWXIuItFCh5N1Gchp7kHW98m9c7j1xpEUcPOEm4G9JRJHzBKOZWvxmIQbVm1+2ZyCo4BdSgUHNQ/ekPY5aGPEImqdY9x07QzahCwSSfVvqp5gllYzriPYMRDbl2s9mtU3JmnCHxY2VehGTm/p3IaKj1JPRMZ0gx0Mu13Pyv1kvRv3YzESUp8ojNF/mpJBiT/ONkKBRnKCcGKFPC3EpYQBVlaOJZ2IJi/DQ1qTjLGaxC+6LuGL6/rDVuinzKcAKncA4OXEED7qAJLWAQwAu8wpv1bL1bH9bnvLVkFTPHsCDr6xcbHpW0</latexit><latexit sha1_base64="nINEMtFhGUc1fgpcImRvZvJ0+os=">AAAB/HicbZDLSsNAFIZP6q3WW9Wlm8EiuCqJCLosunFZwV6gDWUynTRDJxdmToQa6iO41QdwJ259F9e+iJM2C9v6w8DHf87hnPm9RAqNtv1tldbWNza3ytuVnd29/YPq4VFbx6livMViGauuRzWXIuItFCh5N1Gchp7kHW98m9c7j1xpEUcPOEm4G9JRJHzBKOZWvxmIQbVm1+2ZyCo4BdSgUHNQ/ekPY5aGPEImqdY9x07QzahCwSSfVvqp5gllYzriPYMRDbl2s9mtU3JmnCHxY2VehGTm/p3IaKj1JPRMZ0gx0Mu13Pyv1kvRv3YzESUp8ojNF/mpJBiT/ONkKBRnKCcGKFPC3EpYQBVlaOJZ2IJi/DQ1qTjLGaxC+6LuGL6/rDVuinzKcAKncA4OXEED7qAJLWAQwAu8wpv1bL1bH9bnvLVkFTPHsCDr6xcbHpW0</latexit><latexit sha1_base64="nINEMtFhGUc1fgpcImRvZvJ0+os=">AAAB/HicbZDLSsNAFIZP6q3WW9Wlm8EiuCqJCLosunFZwV6gDWUynTRDJxdmToQa6iO41QdwJ259F9e+iJM2C9v6w8DHf87hnPm9RAqNtv1tldbWNza3ytuVnd29/YPq4VFbx6livMViGauuRzWXIuItFCh5N1Gchp7kHW98m9c7j1xpEUcPOEm4G9JRJHzBKOZWvxmIQbVm1+2ZyCo4BdSgUHNQ/ekPY5aGPEImqdY9x07QzahCwSSfVvqp5gllYzriPYMRDbl2s9mtU3JmnCHxY2VehGTm/p3IaKj1JPRMZ0gx0Mu13Pyv1kvRv3YzESUp8ojNF/mpJBiT/ONkKBRnKCcGKFPC3EpYQBVlaOJZ2IJi/DQ1qTjLGaxC+6LuGL6/rDVuinzKcAKncA4OXEED7qAJLWAQwAu8wpv1bL1bH9bnvLVkFTPHsCDr6xcbHpW0</latexit>

||.||2
<latexit sha1_base64="czTE4lWK8DTrIqgTCCsytBW7loQ=">AAAB/3icbZC7TsMwFIZPyq2UW4GRxaJCYqqSCgnGChbGItGL1IbKcZ3WiuNEtoNUkg48Ais8ABti5VGYeRHcNgNt+SVLn/5zjs7x78WcKW3b31ZhbX1jc6u4XdrZ3ds/KB8etVSUSEKbJOKR7HhYUc4EbWqmOe3EkuLQ47TtBTfTevuRSsUica/HMXVDPBTMZwRrY7WzrJplD7V+uWJX7ZnQKjg5VCBXo1/+6Q0ikoRUaMKxUl3HjrWbYqkZ4XRS6iWKxpgEeEi7BgUOqXLT2bkTdGacAfIjaZ7QaOb+nUhxqNQ49ExniPVILdem5n+1bqL9KzdlIk40FWS+yE840hGa/h0NmKRE87EBTCQztyIywhITbRJa2KJZ8DQxqTjLGaxCq1Z1DN9dVOrXeT5FOIFTOAcHLqEOt9CAJhAI4AVe4c16tt6tD+tz3lqw8pljWJD19QtzcpcD</latexit><latexit sha1_base64="czTE4lWK8DTrIqgTCCsytBW7loQ=">AAAB/3icbZC7TsMwFIZPyq2UW4GRxaJCYqqSCgnGChbGItGL1IbKcZ3WiuNEtoNUkg48Ais8ABti5VGYeRHcNgNt+SVLn/5zjs7x78WcKW3b31ZhbX1jc6u4XdrZ3ds/KB8etVSUSEKbJOKR7HhYUc4EbWqmOe3EkuLQ47TtBTfTevuRSsUica/HMXVDPBTMZwRrY7WzrJplD7V+uWJX7ZnQKjg5VCBXo1/+6Q0ikoRUaMKxUl3HjrWbYqkZ4XRS6iWKxpgEeEi7BgUOqXLT2bkTdGacAfIjaZ7QaOb+nUhxqNQ49ExniPVILdem5n+1bqL9KzdlIk40FWS+yE840hGa/h0NmKRE87EBTCQztyIywhITbRJa2KJZ8DQxqTjLGaxCq1Z1DN9dVOrXeT5FOIFTOAcHLqEOt9CAJhAI4AVe4c16tt6tD+tz3lqw8pljWJD19QtzcpcD</latexit><latexit sha1_base64="czTE4lWK8DTrIqgTCCsytBW7loQ=">AAAB/3icbZC7TsMwFIZPyq2UW4GRxaJCYqqSCgnGChbGItGL1IbKcZ3WiuNEtoNUkg48Ais8ABti5VGYeRHcNgNt+SVLn/5zjs7x78WcKW3b31ZhbX1jc6u4XdrZ3ds/KB8etVSUSEKbJOKR7HhYUc4EbWqmOe3EkuLQ47TtBTfTevuRSsUica/HMXVDPBTMZwRrY7WzrJplD7V+uWJX7ZnQKjg5VCBXo1/+6Q0ikoRUaMKxUl3HjrWbYqkZ4XRS6iWKxpgEeEi7BgUOqXLT2bkTdGacAfIjaZ7QaOb+nUhxqNQ49ExniPVILdem5n+1bqL9KzdlIk40FWS+yE840hGa/h0NmKRE87EBTCQztyIywhITbRJa2KJZ8DQxqTjLGaxCq1Z1DN9dVOrXeT5FOIFTOAcHLqEOt9CAJhAI4AVe4c16tt6tD+tz3lqw8pljWJD19QtzcpcD</latexit><latexit sha1_base64="czTE4lWK8DTrIqgTCCsytBW7loQ=">AAAB/3icbZC7TsMwFIZPyq2UW4GRxaJCYqqSCgnGChbGItGL1IbKcZ3WiuNEtoNUkg48Ais8ABti5VGYeRHcNgNt+SVLn/5zjs7x78WcKW3b31ZhbX1jc6u4XdrZ3ds/KB8etVSUSEKbJOKR7HhYUc4EbWqmOe3EkuLQ47TtBTfTevuRSsUica/HMXVDPBTMZwRrY7WzrJplD7V+uWJX7ZnQKjg5VCBXo1/+6Q0ikoRUaMKxUl3HjrWbYqkZ4XRS6iWKxpgEeEi7BgUOqXLT2bkTdGacAfIjaZ7QaOb+nUhxqNQ49ExniPVILdem5n+1bqL9KzdlIk40FWS+yE840hGa/h0NmKRE87EBTCQztyIywhITbRJa2KJZ8DQxqTjLGaxCq1Z1DN9dVOrXeT5FOIFTOAcHLqEOt9CAJhAI4AVe4c16tt6tD+tz3lqw8pljWJD19QtzcpcD</latexit>

-

�Lx = �x, 8x
<latexit sha1_base64="hlVhhIGQblrB1RGEqTgYqmkq2LE=">AAACHHicbVDLSsNAFJ34rPUVdelmaBFcSElE0I1QdOPCRQX7gCaUyXTSDp1MwsxEWkP2foWf4FY/wJ24FVz7I07SLGzrgYHDOfdy7hwvYlQqy/o2lpZXVtfWSxvlza3tnV1zb78lw1hg0sQhC0XHQ5IwyklTUcVIJxIEBR4jbW90nfntByIkDfm9mkTEDdCAU59ipLTUMytOY0ihEyA1xIglt+n4MlfGJ44fCsQYHPfMqlWzcsBFYhekCgo0euaP0w9xHBCuMENSdm0rUm6ChKKYkbTsxJJECI/QgHQ15Sgg0k3yv6TwSCt9qLP14wrm6t+NBAVSTgJPT2ZHy3kvE//zurHyL9yE8ihWhONpkB8zqEKYFQP7VBCs2EQThAXVt0I8RAJhpeubSVF09JjqVuz5DhZJ67Rma353Vq1fFf2UwCGogGNgg3NQBzegAZoAgyfwAl7Bm/FsvBsfxud0dMkodg7ADIyvXysqohU=</latexit><latexit sha1_base64="hlVhhIGQblrB1RGEqTgYqmkq2LE=">AAACHHicbVDLSsNAFJ34rPUVdelmaBFcSElE0I1QdOPCRQX7gCaUyXTSDp1MwsxEWkP2foWf4FY/wJ24FVz7I07SLGzrgYHDOfdy7hwvYlQqy/o2lpZXVtfWSxvlza3tnV1zb78lw1hg0sQhC0XHQ5IwyklTUcVIJxIEBR4jbW90nfntByIkDfm9mkTEDdCAU59ipLTUMytOY0ihEyA1xIglt+n4MlfGJ44fCsQYHPfMqlWzcsBFYhekCgo0euaP0w9xHBCuMENSdm0rUm6ChKKYkbTsxJJECI/QgHQ15Sgg0k3yv6TwSCt9qLP14wrm6t+NBAVSTgJPT2ZHy3kvE//zurHyL9yE8ihWhONpkB8zqEKYFQP7VBCs2EQThAXVt0I8RAJhpeubSVF09JjqVuz5DhZJ67Rma353Vq1fFf2UwCGogGNgg3NQBzegAZoAgyfwAl7Bm/FsvBsfxud0dMkodg7ADIyvXysqohU=</latexit><latexit sha1_base64="hlVhhIGQblrB1RGEqTgYqmkq2LE=">AAACHHicbVDLSsNAFJ34rPUVdelmaBFcSElE0I1QdOPCRQX7gCaUyXTSDp1MwsxEWkP2foWf4FY/wJ24FVz7I07SLGzrgYHDOfdy7hwvYlQqy/o2lpZXVtfWSxvlza3tnV1zb78lw1hg0sQhC0XHQ5IwyklTUcVIJxIEBR4jbW90nfntByIkDfm9mkTEDdCAU59ipLTUMytOY0ihEyA1xIglt+n4MlfGJ44fCsQYHPfMqlWzcsBFYhekCgo0euaP0w9xHBCuMENSdm0rUm6ChKKYkbTsxJJECI/QgHQ15Sgg0k3yv6TwSCt9qLP14wrm6t+NBAVSTgJPT2ZHy3kvE//zurHyL9yE8ihWhONpkB8zqEKYFQP7VBCs2EQThAXVt0I8RAJhpeubSVF09JjqVuz5DhZJ67Rma353Vq1fFf2UwCGogGNgg3NQBzegAZoAgyfwAl7Bm/FsvBsfxud0dMkodg7ADIyvXysqohU=</latexit><latexit sha1_base64="hlVhhIGQblrB1RGEqTgYqmkq2LE=">AAACHHicbVDLSsNAFJ34rPUVdelmaBFcSElE0I1QdOPCRQX7gCaUyXTSDp1MwsxEWkP2foWf4FY/wJ24FVz7I07SLGzrgYHDOfdy7hwvYlQqy/o2lpZXVtfWSxvlza3tnV1zb78lw1hg0sQhC0XHQ5IwyklTUcVIJxIEBR4jbW90nfntByIkDfm9mkTEDdCAU59ipLTUMytOY0ihEyA1xIglt+n4MlfGJ44fCsQYHPfMqlWzcsBFYhekCgo0euaP0w9xHBCuMENSdm0rUm6ChKKYkbTsxJJECI/QgHQ15Sgg0k3yv6TwSCt9qLP14wrm6t+NBAVSTgJPT2ZHy3kvE//zurHyL9yE8ihWhONpkB8zqEKYFQP7VBCs2EQThAXVt0I8RAJhpeubSVF09JjqVuz5DhZJ67Rma353Vq1fFf2UwCGogGNgg3NQBzegAZoAgyfwAl7Bm/FsvBsfxud0dMkodg7ADIyvXysqohU=</latexit>

L
<latexit sha1_base64="HDLqmfCHXWQ0WkU5IAhkdh5SknI=">AAACA3icbVDLSgMxFM3UV62vqks3wSK4KjMi6LLoxoWLCrYVpkPJpJk2NJMMyR2hDl36CW71A9yJWz/EtT9ipp2FbT0QOJxzL/fkhIngBlz32ymtrK6tb5Q3K1vbO7t71f2DtlGppqxFlVD6ISSGCS5ZCzgI9pBoRuJQsE44us79ziPThit5D+OEBTEZSB5xSsBKfjcmMKREZLeTXrXm1t0p8DLxClJDBZq96k+3r2gaMwlUEGN8z00gyIgGTgWbVLqpYQmhIzJgvqWSxMwE2TTyBJ9YpY8jpe2TgKfq342MxMaM49BO5hHNopeL/3l+CtFlkHGZpMAknR2KUoFB4fz/uM81oyDGlhCquc2K6ZBoQsG2NHcF+Ogpb8Vb7GCZtM/qnuV357XGVdFPGR2hY3SKPHSBGugGNVELUaTQC3pFb86z8+58OJ+z0ZJT7ByiOThfv+yfmPc=</latexit><latexit sha1_base64="HDLqmfCHXWQ0WkU5IAhkdh5SknI=">AAACA3icbVDLSgMxFM3UV62vqks3wSK4KjMi6LLoxoWLCrYVpkPJpJk2NJMMyR2hDl36CW71A9yJWz/EtT9ipp2FbT0QOJxzL/fkhIngBlz32ymtrK6tb5Q3K1vbO7t71f2DtlGppqxFlVD6ISSGCS5ZCzgI9pBoRuJQsE44us79ziPThit5D+OEBTEZSB5xSsBKfjcmMKREZLeTXrXm1t0p8DLxClJDBZq96k+3r2gaMwlUEGN8z00gyIgGTgWbVLqpYQmhIzJgvqWSxMwE2TTyBJ9YpY8jpe2TgKfq342MxMaM49BO5hHNopeL/3l+CtFlkHGZpMAknR2KUoFB4fz/uM81oyDGlhCquc2K6ZBoQsG2NHcF+Ogpb8Vb7GCZtM/qnuV357XGVdFPGR2hY3SKPHSBGugGNVELUaTQC3pFb86z8+58OJ+z0ZJT7ByiOThfv+yfmPc=</latexit><latexit sha1_base64="HDLqmfCHXWQ0WkU5IAhkdh5SknI=">AAACA3icbVDLSgMxFM3UV62vqks3wSK4KjMi6LLoxoWLCrYVpkPJpJk2NJMMyR2hDl36CW71A9yJWz/EtT9ipp2FbT0QOJxzL/fkhIngBlz32ymtrK6tb5Q3K1vbO7t71f2DtlGppqxFlVD6ISSGCS5ZCzgI9pBoRuJQsE44us79ziPThit5D+OEBTEZSB5xSsBKfjcmMKREZLeTXrXm1t0p8DLxClJDBZq96k+3r2gaMwlUEGN8z00gyIgGTgWbVLqpYQmhIzJgvqWSxMwE2TTyBJ9YpY8jpe2TgKfq342MxMaM49BO5hHNopeL/3l+CtFlkHGZpMAknR2KUoFB4fz/uM81oyDGlhCquc2K6ZBoQsG2NHcF+Ogpb8Vb7GCZtM/qnuV357XGVdFPGR2hY3SKPHSBGugGNVELUaTQC3pFb86z8+58OJ+z0ZJT7ByiOThfv+yfmPc=</latexit><latexit sha1_base64="HDLqmfCHXWQ0WkU5IAhkdh5SknI=">AAACA3icbVDLSgMxFM3UV62vqks3wSK4KjMi6LLoxoWLCrYVpkPJpJk2NJMMyR2hDl36CW71A9yJWz/EtT9ipp2FbT0QOJxzL/fkhIngBlz32ymtrK6tb5Q3K1vbO7t71f2DtlGppqxFlVD6ISSGCS5ZCzgI9pBoRuJQsE44us79ziPThit5D+OEBTEZSB5xSsBKfjcmMKREZLeTXrXm1t0p8DLxClJDBZq96k+3r2gaMwlUEGN8z00gyIgGTgWbVLqpYQmhIzJgvqWSxMwE2TTyBJ9YpY8jpe2TgKfq342MxMaM49BO5hHNopeL/3l+CtFlkHGZpMAknR2KUoFB4fz/uM81oyDGlhCquc2K6ZBoQsG2NHcF+Ogpb8Vb7GCZtM/qnuV357XGVdFPGR2hY3SKPHSBGugGNVELUaTQC3pFb86z8+58OJ+z0ZJT7ByiOThfv+yfmPc=</latexit>

: add/remove glasses

Discriminator

�x
<latexit sha1_base64="yCjHAjNGywJXftn/kba2e3i68nU=">AAAB/nicbZDLSgMxFIbP1Futt6pLN8EiuCozIuiy6MZlBXuBtpRMmmljM5khOSPWoeAjuNUHcCdufRXXvohpOwvb+kPg4z/ncE5+P5bCoOt+O7mV1bX1jfxmYWt7Z3evuH9QN1GiGa+xSEa66VPDpVC8hgIlb8aa09CXvOEPryf1xgPXRkTqDkcx74S0r0QgGEVr1dvVgSCP3WLJLbtTkWXwMihBpmq3+NPuRSwJuUImqTEtz42xk1KNgkk+LrQTw2PKhrTPWxYVDbnppNNrx+TEOj0SRNo+hWTq/p1IaWjMKPRtZ0hxYBZrE/O/WivB4LKTChUnyBWbLQoSSTAik6+TntCcoRxZoEwLeythA6opQxvQ3BYUw6exTcVbzGAZ6mdlz/LtealyleWThyM4hlPw4AIqcANVqAGDe3iBV3hznp1358P5nLXmnGzmEObkfP0CWLeWYA==</latexit><latexit sha1_base64="yCjHAjNGywJXftn/kba2e3i68nU=">AAAB/nicbZDLSgMxFIbP1Futt6pLN8EiuCozIuiy6MZlBXuBtpRMmmljM5khOSPWoeAjuNUHcCdufRXXvohpOwvb+kPg4z/ncE5+P5bCoOt+O7mV1bX1jfxmYWt7Z3evuH9QN1GiGa+xSEa66VPDpVC8hgIlb8aa09CXvOEPryf1xgPXRkTqDkcx74S0r0QgGEVr1dvVgSCP3WLJLbtTkWXwMihBpmq3+NPuRSwJuUImqTEtz42xk1KNgkk+LrQTw2PKhrTPWxYVDbnppNNrx+TEOj0SRNo+hWTq/p1IaWjMKPRtZ0hxYBZrE/O/WivB4LKTChUnyBWbLQoSSTAik6+TntCcoRxZoEwLeythA6opQxvQ3BYUw6exTcVbzGAZ6mdlz/LtealyleWThyM4hlPw4AIqcANVqAGDe3iBV3hznp1358P5nLXmnGzmEObkfP0CWLeWYA==</latexit><latexit sha1_base64="yCjHAjNGywJXftn/kba2e3i68nU=">AAAB/nicbZDLSgMxFIbP1Futt6pLN8EiuCozIuiy6MZlBXuBtpRMmmljM5khOSPWoeAjuNUHcCdufRXXvohpOwvb+kPg4z/ncE5+P5bCoOt+O7mV1bX1jfxmYWt7Z3evuH9QN1GiGa+xSEa66VPDpVC8hgIlb8aa09CXvOEPryf1xgPXRkTqDkcx74S0r0QgGEVr1dvVgSCP3WLJLbtTkWXwMihBpmq3+NPuRSwJuUImqTEtz42xk1KNgkk+LrQTw2PKhrTPWxYVDbnppNNrx+TEOj0SRNo+hWTq/p1IaWjMKPRtZ0hxYBZrE/O/WivB4LKTChUnyBWbLQoSSTAik6+TntCcoRxZoEwLeythA6opQxvQ3BYUw6exTcVbzGAZ6mdlz/LtealyleWThyM4hlPw4AIqcANVqAGDe3iBV3hznp1358P5nLXmnGzmEObkfP0CWLeWYA==</latexit><latexit sha1_base64="yCjHAjNGywJXftn/kba2e3i68nU=">AAAB/nicbZDLSgMxFIbP1Futt6pLN8EiuCozIuiy6MZlBXuBtpRMmmljM5khOSPWoeAjuNUHcCdufRXXvohpOwvb+kPg4z/ncE5+P5bCoOt+O7mV1bX1jfxmYWt7Z3evuH9QN1GiGa+xSEa66VPDpVC8hgIlb8aa09CXvOEPryf1xgPXRkTqDkcx74S0r0QgGEVr1dvVgSCP3WLJLbtTkWXwMihBpmq3+NPuRSwJuUImqTEtz42xk1KNgkk+LrQTw2PKhrTPWxYVDbnppNNrx+TEOj0SRNo+hWTq/p1IaWjMKPRtZ0hxYBZrE/O/WivB4LKTChUnyBWbLQoSSTAik6+TntCcoRxZoEwLeythA6opQxvQ3BYUw6exTcVbzGAZ6mdlz/LtealyleWThyM4hlPw4AIqcANVqAGDe3iBV3hznp1358P5nLXmnGzmEObkfP0CWLeWYA==</latexit>

: identity of the person
parametrisation 

 of the symetry by ✓
<latexit sha1_base64="SqR9l4E4cv9i8qHtEfgYEtjQwYs=">AAAB/nicbZDLSsNAFIYnXmu9VV26GSyCq5KIoMuiG5cV7AXaUCbTk3bsZBJmToQaCj6CW30Ad+LWV3Htizhts7CtPwx8/Occzpk/SKQw6Lrfzsrq2vrGZmGruL2zu7dfOjhsmDjVHOo8lrFuBcyAFArqKFBCK9HAokBCMxjeTOrNR9BGxOoeRwn4EesrEQrO0FqNDg4AWbdUdivuVHQZvBzKJFetW/rp9GKeRqCQS2ZM23MT9DOmUXAJ42InNZAwPmR9aFtULALjZ9Nrx/TUOj0axto+hXTq/p3IWGTMKApsZ8RwYBZrE/O/WjvF8MrPhEpSBMVni8JUUozp5Ou0JzRwlCMLjGthb6V8wDTjaAOa24Ji+DS2qXiLGSxD47ziWb67KFev83wK5JickDPikUtSJbekRuqEkwfyQl7Jm/PsvDsfzuesdcXJZ47InJyvX+y0lr0=</latexit><latexit sha1_base64="SqR9l4E4cv9i8qHtEfgYEtjQwYs=">AAAB/nicbZDLSsNAFIYnXmu9VV26GSyCq5KIoMuiG5cV7AXaUCbTk3bsZBJmToQaCj6CW30Ad+LWV3Htizhts7CtPwx8/Occzpk/SKQw6Lrfzsrq2vrGZmGruL2zu7dfOjhsmDjVHOo8lrFuBcyAFArqKFBCK9HAokBCMxjeTOrNR9BGxOoeRwn4EesrEQrO0FqNDg4AWbdUdivuVHQZvBzKJFetW/rp9GKeRqCQS2ZM23MT9DOmUXAJ42InNZAwPmR9aFtULALjZ9Nrx/TUOj0axto+hXTq/p3IWGTMKApsZ8RwYBZrE/O/WjvF8MrPhEpSBMVni8JUUozp5Ou0JzRwlCMLjGthb6V8wDTjaAOa24Ji+DS2qXiLGSxD47ziWb67KFev83wK5JickDPikUtSJbekRuqEkwfyQl7Jm/PsvDsfzuesdcXJZ47InJyvX+y0lr0=</latexit><latexit sha1_base64="SqR9l4E4cv9i8qHtEfgYEtjQwYs=">AAAB/nicbZDLSsNAFIYnXmu9VV26GSyCq5KIoMuiG5cV7AXaUCbTk3bsZBJmToQaCj6CW30Ad+LWV3Htizhts7CtPwx8/Occzpk/SKQw6Lrfzsrq2vrGZmGruL2zu7dfOjhsmDjVHOo8lrFuBcyAFArqKFBCK9HAokBCMxjeTOrNR9BGxOoeRwn4EesrEQrO0FqNDg4AWbdUdivuVHQZvBzKJFetW/rp9GKeRqCQS2ZM23MT9DOmUXAJ42InNZAwPmR9aFtULALjZ9Nrx/TUOj0axto+hXTq/p3IWGTMKApsZ8RwYBZrE/O/WjvF8MrPhEpSBMVni8JUUozp5Ou0JzRwlCMLjGthb6V8wDTjaAOa24Ji+DS2qXiLGSxD47ziWb67KFev83wK5JickDPikUtSJbekRuqEkwfyQl7Jm/PsvDsfzuesdcXJZ47InJyvX+y0lr0=</latexit><latexit sha1_base64="SqR9l4E4cv9i8qHtEfgYEtjQwYs=">AAAB/nicbZDLSsNAFIYnXmu9VV26GSyCq5KIoMuiG5cV7AXaUCbTk3bsZBJmToQaCj6CW30Ad+LWV3Htizhts7CtPwx8/Occzpk/SKQw6Lrfzsrq2vrGZmGruL2zu7dfOjhsmDjVHOo8lrFuBcyAFArqKFBCK9HAokBCMxjeTOrNR9BGxOoeRwn4EesrEQrO0FqNDg4AWbdUdivuVHQZvBzKJFetW/rp9GKeRqCQS2ZM23MT9DOmUXAJ42InNZAwPmR9aFtULALjZ9Nrx/TUOj0axto+hXTq/p3IWGTMKApsZ8RwYBZrE/O/WjvF8MrPhEpSBMVni8JUUozp5Ou0JzRwlCMLjGthb6V8wDTjaAOa24Ji+DS2qXiLGSxD47ziWb67KFev83wK5JickDPikUtSJbekRuqEkwfyQl7Jm/PsvDsfzuesdcXJZ47InJyvX+y0lr0=</latexit>

inf
✓,x

k�L✓x � �xk2

<latexit sha1_base64="wqIbvj+ghtJ5KWVszcpf5iKYlD4="></latexit><latexit sha1_base64="wqIbvj+ghtJ5KWVszcpf5iKYlD4="></latexit><latexit sha1_base64="wqIbvj+ghtJ5KWVszcpf5iKYlD4="></latexit><latexit sha1_base64="wqIbvj+ghtJ5KWVszcpf5iKYlD4="></latexit>

Can we find a non trivial 
symmetry which minimizes: 

Figure 1: A discriminator tries to discriminate if the images Lθx or x are real,
while minimizing the distance between the representations ΦLθx and Φx [9].

As a first step, we propose to exhibit such L. Classical examples of symmetries
are typically linear (on signals such as images): translation, rotation, scaling
and any compositions of those; on the other hand, exhibiting non-linear sym-
metries is more complex because, in the current state of science for images,
there is no explicit formulations of those and this should require learning. We
propose to build, exhibit and study such symmetries. An initial line of work,
through the Interferometric Graph Transform [7] seems to be a good framework
to understand how those symmetries build invariance.

For instance, one could try to parametrize a symetry as a Convolutional Neu-
ral Networks using simplified data. Let us give an example of such dataset: for
instance, consider faces images x1, ..., xn related to individuals f(x1), ..., f(xn)
for which faces have or do not have glasses. Let us name L the involution
that consists in adding or removing a glass, in this case, as it does preserve the
identity:

f(Lxi) = f(xi),∀i .
Assume we learn a model Φ to estimate f . The questions we would like to
answer are as follow: can we estimate L from f? Can we estimate L from
Φ? An illustration is given Figure 1. Answering those questions would help to
design a rigorous model of the data.

Data memorization Another approach consists in delimiting the complexity
class spanned by a set of Neural Networks architectures, which leads to general-
ization bounds. The main principle is to reduce the complexity of such classes,
without introducing a significant bias during the classification process. One
can distinguish 3 types of methods: data-dependent, algorithm-agnostic (e.g.,
via Rademacher complexity), algorithm and data-agnostic (e.g., VC dimension,
PAC-bayesian) and algorithm independent (e.g., Langevin). The community
has focused a lot on those approaches to obtain some reasonable bounds [6, 1?
]. However, many recents work point out the fact that those bounds remain ac-
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tually vacuous [12, 5, 3], and they are not numerically significant. Indeed, such
approachs lack of specifity to the data structures. We propose to refine them
by proposing some (simple) data models to explain memorization phenomenons
which occurs in Deep Learning. An interesting initial model could be obtained
via patch-based methods: those methods strive for simplicity, while allowing
high-accuracy models [10].

This work could help us to address the following points: is the underlying
data distribution low-dimensional? Is it possible to recover a low-dimensional
embedding from a supervisedly learned Neural Network? We would like to
propose a low-complexity data-dependent set of models HN , such that one can
find a Φ ∈ HN leading to good performances. Note that this approach relies on
a good modelization of the data.

For example, some models that we already know and which are appealing
for addressing this task are the models learned via sparsity. The model of
[11, 8] consists in a Scattering Transform applied on patches, followed by a local
encoder of those patches. Another line of work [2] seems to suggest that patches,
which are small projections of a signal, contain all the necessary information for
state-of-the-art classification accuracies. However, the underlying data model
remains unclear as well as the underlying mathematical principles which lead to
such good performances. In a first step, one proposes to answer the following
questions: do the patches of an image lie on some mathematical structure such
as a manifold? Are they too high-dimensional and require some subsequent
encoding? We would like to use classical tools from the signal processing and
statistical literature to answer those questions.

Outline We will address those two lines of research, by first sudying the con-
nexion between generalization bounds and the notion of invariance to symme-
tries (1 year). Then, we hope to obtain non-vacuous generalization bounds for
images thanks to a simplified class of model HN (1 year). At least 1 year will
be as well dedicated to numerically verify our claims.

Mini-bio Edouard Oyallon is a junior researcher at CNRS and a specialist of
the topic of this phd, who got recruited in fall 2019. Sylvain Lamprier is an
assistant professor (HDR), specialist in bayesian inference for structured data,
which will be particularly helpful for the first axis.

Outcome Addressing such issues can be useful for at least 2 major applica-
tions of machine learning: small data settings and interpretability, because they
rely significantly on the complexity of the models used. A specific attention will
be shade for obtaining a theory which reduces the gap between the numerical
experiments and theoretical results, in order to avoid vacuous bounds.

Desired profile We are looking for a student with a strong record and who
graduated in the field of applied mathematics, computer science or machine
learning.
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